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CLASA a Xl-a

BAREM DE NOTARE SI EVALUARE
SUBIECTUL 1.

a) Prin inductie sau calcul direct se obtine A" = (0:) “ ﬂ_nﬂ ] (3p)
byFie X = 2 P Din X2 . X = X X® seobine 1° 0 = x=[2 279 @)
c d a=b+d 0 d

Din a) se obtine X" = al al-d
0 d"
2025 — 2025
Ecuatia X 205 _ 2025 2024 devine a 2025 __Ja= 2312025 (1p)
0 d®s 1 d=1
2025, 2025,
Atunci X :[ Y2025 %2025 _1] (1p)
0 1
SUBIECTUL 2.
a) Prin calcul se verifica egalitatea (3p)
b) A-B=B-A =>A?+B?=(A+iB)(A-iB) (1p)
det( A’ +B*)=0=>det(A+iB)=0 sau det(A—iB)=0 (1p)
Din a) avem det(A+iB)=0<=> (det(A)—det(B))+(Tr(A)-Tr(B)-Tr(A-B))-i=0

det(A—iB)=0<=> (det(A)—det(B))—(Tr(A)-Tr(B)—Tr(A- B))-i=0 (1p)
Cum A BeM, (R)rezultd ca Tr(A)-Tr(B)-Tr(A-B)=0<=>Tr(A)-Tr(B)=Tr(A-B)  (1p)

SUBIECTUL 3.
X +20 X, +230

a) x — 2n+l — 2n 1

) 2n+2 10 100 ( p)

. . S 5 . 230
Prin inductie se demonstreaza ca (X2n )nZO este crescator si 2< X, < Ty (2p)
Conform teoremei lui Weierstrass (X2”)n20 este convergent (1p)
X,, +230 230

Trecand la limita in relatia X,,,, = se obtine limx,, = 09 (1p)
n—wo

100
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b) Dln X2n+2 %{;20 =>X 2n+1 10 X2n+2 20 (1p)
2 2
Atunci I|m xzm_lo %—20—%9 de aici (x )nZO nu este convergent. (1p)
SUBIECTUL 4.
_IimJ2x+1—3/3x+1 \/2x+ -1 \3/3x+ -1_
_xao X an
x>0 x>0
=lim 2x
oy X( 2X+1+1 («/3x+1 +\/3x+1+1)
~ lim——= S (3p)
SN Y(3x+1)’ +\/3x+1+1 2 3
\/2x+1 Px+1 . N2x+1-(x+1) Y3x+1-(x+1)
L2 an leﬂg 2 B 2 B
x>0 X x>0 X X
=1lim X X(x=3)
e (V2x+1+1) (,/3x+1 )+ 33X+ 1) (x+1)+ (x+1)°
- X+3 -1 3 1
_x 0 2=?+_=E (3p)
OB Y(3x+1)° +3(3x+1) (x+1)+ (x+1) 3
_3 _3
V2x+1 J3x+1_|imJ2x+1 P3x+1 1 _1_(+w):+w (1p)

2023

L,o,: =lim =
2025 x—>0 X2025 x—0 X2 X
x>0

x>0



